and E{ Z)E2, where at least one of the equalities E{ =Ei, Ei = E2 fails to hold, which are twin convergence regions for the continued fraction (1) .
Some time ago one of the authors [l ] proved that the continued fraction (1) converges if (2) I c2n_i \ Ú p, I c2n ± i I è p + «, »èl, where 0<p<l and e is an arbitrary positive quantity. It was also shown in [l ] that if the e could be removed in (2) a set of best twin convergence regions would be obtained. It is the purpose of this paper to show that the e can indeed be removed.
Denote by t"{z) the linear fractional transformation 1 + cl/z. we have for all n^m, An/BnEKm. Let Rn be the radius of Kn. Then {F"} forms a nonincreasing sequence. Hence if it can be shown that a subsequence of {Rn} converges to zero it will follow that the continued fraction converges. Our proof consists in showing that lim R2n = 0.
We next observe that a consequence of the fundamental recurrence relation Condition (5) insures that, for all ra, m"^p and k"^p. It is, however, desirable to obtain sharper estimates, depending on n, lor these quantities. This is done in the following: Lemma 1. If the elements c" satisfy condition (3) then
we have (7) kn = p2/w"_i.
Equation (6) is readily verified for n = 1 since Wi = min I 1 + c21 = p(2 -p). Applying the recurrence relation (4) twice to B2n we obtain
Bi
Thus if we introduce 0" and divide by dn we have For the proof of this theorem it suffices to point out that converges by Theorem 1.
